8O                            SPACE   AND   GEOMETRY
—^-----~ distances exist, so that the excess of the
1-2
distances is also coinddently determined.*
If we start from three points and prescribe that the distances of all points to be further determined shall hold for .one side only of the plane determined by the three points, then 3^ — 6 distances will suffice to determine the form, magnitude, and position of a system of n points with respect to the three initial points. But if there be no condition as to the side of the plane .to be taken,—a condition which involves sensuous and physiological, but not abstract metrical characteristics,—the system of points, instead of the intended form and position, may assume that symmetrical to the first, or be combined of the points of both. Symmetric geometrical figures are, owing to our symmetric physiological organization, very easily taken to be identical, whereas metrically and physically they are entirely different. A screw with its spiral winding to the right and one with its spiral winding to the left, two bodies rotating in contrary directions, etc., appear very much alike to the eye. But we are for this reason not permitted to regard them as geometrically or physically equivalent. Attention to this fact would avert many paradoxical questions. Think only of the trouble that such problems gave Kant!
*For an interesting attempt to found "both the Euclidean and non-Euclidean geometries on the pure notion of distance, see De Tilly, "Essai sur les principes fondamentaux de la geometric et de la me"eanique" (Memoires de la Socitite de Bordeaux, 1880).